
Review Form (Research)
	Journal Name:
	Journal of Basic and Applied Research international

	Manuscript Number:
	Ms_JOBARI_16019

	Title of the Manuscript: 
	Action–Period Consistency, Twist, and Separatrix Asymptotics of the Integrable Nonlinear Pendulum

	Type of the Article
	Research article / Short Communication/ Case Report / Case Study 





PART 1 (Importance of the manuscript) 

	
	Comments of the Reviewers
	Author’s Feedback 


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may 
be required for this part.
	
	




PART 2.1 (Objective Evaluation)

	
	Rating of the Reviewers
	Author’s Feedback (Revision of the Manuscript and Feedback of Authors are mandatory for Rating of 2 and 1)

	1. Is the title clear and appropriate for the study? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	2. Is the abstract of the article comprehensive? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	3. Are the keywords appropriate and useful?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	4. Is the background information of the paper sufficient and well organized?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	5. Are the research objectives/hypotheses clearly stated?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	6. Is the literature review relevant and up to date?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	7. Is the research methodology appropriate for the study?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	8. Were ethical issues properly addressed (if applicable)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	9. Are the results presented clearly? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	10. Are tables and figures clear, relevant, and necessary?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable


	N/A
	

	11. Does the discussion relate findings to existing literature?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	12. Are the conclusions supported by the data?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	13. Are the limitations of the study discussed?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	14. Are the references relevant and sufficient (in number)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	N/A
	

	15. Is the manuscript written in clear and understandable language?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	N/A
	




PART 2.2 (Subjective Evaluation)

	
	Reviewer’s comment

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Is the title of the article suitable?

If your answer is NO, please provide a brief, clear suggestion for improvement.

	
	

	Is the abstract of the article comprehensive? 

If your answer is NO, please provide a brief, clear suggestion for improvement.

	
	

	Is the manuscript scientifically correct? 

If your answer is NO, please provide a brief, clear suggestion for improvement
.
	1. The paper is honestly scoped and clearly acknowledges that the exact period, action variable, and logarithmic separatrix structure are known results, which builds reader trust but also raises the bar for what Theorem 1 must deliver as genuinely new.
2. Theorem 1 (Eq. 14) is algebraically correct and the derivation is transparent, but the manuscript would benefit from an explicit statement of the regime where the second-order formula outperforms direct numerical evaluation of the exact elliptic integrals.
3. The "overdetermined" validation argument in Section 7.3 is somewhat overstated, since all numerical routes ultimately derive from the same Hamiltonian and several observables are algebraically linked (e.g., Φ = 2J/θ₀²).
4. The 31-bin Shannon-type statistic S₃₁ adds little diagnostic value beyond A₃/A₁ and A₅/A₁ because its absolute magnitude is tiny (0.03108 at 175°) and its monotonic trend is fully predictable from the harmonic ratios already reported.
5. The claim that the twist dΩ/dJ is "consistently negative everywhere" is supported only by three sampled amplitudes (60°, 150°, 175°) and should be backed by a short analytic monotonicity argument or an explicit reference.
6. The near-separatrix trajectory discrepancy of 4.69 × 10⁻⁹ rad may partly reflect the conditioning of SciPy's Jacobi-elliptic reference evaluation at m → 1 rather than integration error alone, and this should be quantified.
7. Table 2 omits the first- and second-order action-deficit residuals that constitute the paper's central analytical result, while Table 1 omits the twist values quoted in the text—both should be added for completeness.
8. The reproducibility statement is commendable, but the main text should include explicit SciPy call signatures (e.g., special.ellipk(m), special.ellipj(u, m)) and a compact notation table (m, k, ε, Λ, Q, R, J, Jₛ) to prevent the very modulus-parameter confusion the authors warn against.
9. The framing of the benchmark as a reference for "perturbed, dissipative and discretised pendulum models" remains programmatic—a concrete schematic example mapping a measured period error at 175° onto an inferred action drift via Eq. (14) would substantiate the claimed utility.
10. Several typographical and editorial issues warrant correction: "modulus modulus" (Section 2.1), "1he" and "p²|τ|" (Eqs. 19–20), "GrycancGérard" (Section 4.2), "Amol'd" (Introduction), and the ambiguous phrase "the second-order contribution is kept at 175°" (Conclusions).
11. I recommend the author to include the following recently published articles
10.1038/s41598-026-62358-w
10.1038/s41598-025-25550-y
10.1155/2022/6988197
10.1017/S0956792524000780
10.1038/s41598-025-25550-y
	

	Are the references sufficient and recent? 
(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.

	
	

	Are there ethical issues in this manuscript?
(YES or NO)

(If yes, kindly please write down the ethical issues here in details)
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