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PART 1 (Importance of the manuscript)
	
	Comments of the Reviewers
	Author’s Feedback

	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	This manuscript is important for the scientific community because it presents a new and improved quadrature rule for numerical integration. The proposed method provides more accurate results than the existing Lobatto and Anti-Lobatto rules while keeping the calculation process simple and efficient. The adaptive version of the method also reduces computational effort and improves accuracy for solving definite integrals. The findings of this study can be useful for researchers and practitioners working in
numerical analysis, applied mathematics, engineering, and scientific computing.
	


PART 2.1 (Objective Evaluation)
	
	Rating of the Reviewers
	Author’s Feedback (Revision of the Manuscript
and Feedback of Authors are mandatory for Rating of 2 and 1)

	1. Is the title clear and appropriate for the study?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The title is relevant to the content of the manuscript and reflects the main focus of the study, namely the development of an averaged Lobatto quadrature rule.
	

	2. Is the abstract of the article comprehensive?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The abstract provides a clear overview of the study, including the objective, methodology, development of the proposed
averaged Lobatto quadrature rule, error analysis, adaptive implementation, and numerical verification.
	

	3. Are the keywords appropriate and useful?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The keywords are generally relevant to the subject matter of the manuscript and help identify the main themes of the study,
including quadrature rules, numerical integration, error analysis, and adaptive quadrature methods.
	

	4. Is the background information of the paper sufficient and well organized?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The background information provided in the introduction is generally sufficient and gives readers an overview of the historical development and importance of numerical integration and quadrature rules.
	

	5. Are the research objectives/hypotheses clearly stated?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The research objective of the study is reasonably clear and can be understood from the introduction and methodology sections.
	

	6. Is the literature review relevant and up to date?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The literature review is relevant to the topic and includes important references related to numerical integration, Lobatto quadrature, anti-Lobatto rules, adaptive quadrature methods,
and mixed quadrature techniques.
	

	7. Is the research methodology appropriate for the study?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The research methodology is appropriate for the objectives of the study. The authors clearly describe the construction of the proposed averaged Lobatto quadrature rule by combining the Lobatto 3-point rule and the anti-Lobatto 4-point rule.
	

	8. Were ethical issues properly addressed (if applicable)?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A = Not Applicable
The study is purely theoretical and computational in nature, focusing on the development and analysis of numerical quadrature rules.
	

	9. Are the results presented clearly?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The results are presented in a clear and organized manner through tables, figures, and explanatory remarks.
	

	10. Are tables and figures clear, relevant, and necessary?
Rating Scale:
	4 = Good. The tables and figures are necessary and relevant, but minor improvements in formatting and presentation would
enhance clarity.
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	5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	
	

	11. Does the discussion relate findings to existing literature?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3 = Satisfactory.
The findings are discussed, but the connection between the results and existing literature is limited and could be strengthened.
	

	12. Are the conclusions supported by the data?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good.
The conclusions are supported by the presented data, although broader testing would be needed to fully generalize the findings.
	

	13. Are the limitations of the study discussed?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5 = Excellent.
The manuscript includes a well-written and balanced limitations section that appropriately acknowledges the boundaries of the study.
	

	14. Are the references relevant and sufficient (in number)?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor
N/A = Not Applicable
	4 = Good.
The references are relevant and sufficient in number, although a few more recent and widely cited international studies could enhance the literature base.
	

	15. Is the manuscript written in clear and understandable language?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor
N/A = Not Applicable
	3 = Satisfactory.
The English language quality is not yet at the level of a well-polished international journal article and would benefit from revision.
	




PART 2.2 (Subjective Evaluation)

	
	Reviewer’s comment
	Author’s Feedback (It is mandatory that authors should write his/her feedback here)

	Is the title of the article suitable?
If your answer is NO, please provide a brief, clear suggestion for improvement.
	Yes, the title is generally suitable.
	

	Is the abstract of the article comprehensive?
s
If your answer is NO, please provide a brief, clear suggestion for improvement.
	Yes, the abstract is generally comprehensive.
	

	Is the manuscript scientifically correct?

If your answer is NO, please provide a brief, clear suggestion for improvement
.
	Yes, the manuscript is generally scientifically correct.
	

	Are the references sufficient and recent?
(YES or NO)
If your answer is NO, please provide clear suggestion for improvement.
	YES is the appropriate response.
	

	Are there ethical issues in this manuscript?
(YES or NO)
(If yes, kindly please write down the ethical issues here in details)
	No ethical issues were identified in this manuscript.
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