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PART 1 (Importance of the manuscript) 

	
	Comments of the Reviewers
	Author’s Feedback 


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may 
be required for this part.
	This manuscript contributes to the field of numerical analysis by proposing an averaged Lobatto quadrature rule that aims to improve the degree of precision while preserving the computational simplicity of closed-type quadrature formulas. The study has potential significance because efficient and accurate numerical integration techniques are essential components of scientific computing and are widely used in engineering, physics, computational mathematics, and data-driven modeling applications. Furthermore, the incorporation of an adaptive quadrature framework may provide a practical foundation for developing more efficient integration algorithms that reduce computational effort while maintaining high accuracy. Although additional theoretical validation and methodological refinements are necessary, the work offers a potentially useful direction for future research on hybrid and mixed quadrature methods and may stimulate further investigations into constructing higher-order numerical integration schemes.
	




PART 2.1 (Objective Evaluation)

	
	Rating of the Reviewers
	Author’s Feedback (Revision of the Manuscript and Feedback of Authors are mandatory for Rating of 2 and 1)

	1. Is the title clear and appropriate for the study? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	2. Is the abstract of the article comprehensive? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	3. Are the keywords appropriate and useful?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
	

	4. Is the background information of the paper sufficient and well organized?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	5. Are the research objectives/hypotheses clearly stated?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	6. Is the literature review relevant and up to date?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	7. Is the research methodology appropriate for the study?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
	

	8. Were ethical issues properly addressed (if applicable)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	9. Are the results presented clearly? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
	

	10. Are tables and figures clear, relevant, and necessary?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable


	4
	

	11. Does the discussion relate findings to existing literature?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	12. Are the conclusions supported by the data?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
	

	13. Are the limitations of the study discussed?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
	

	14. Are the references relevant and sufficient (in number)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	4
	

	15. Is the manuscript written in clear and understandable language?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	4
	




PART 2.2 (Subjective Evaluation)

	
	Reviewer’s comment

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Is the title of the article suitable?

If your answer is NO, please provide a brief, clear suggestion for improvement.

	No, the current title is not sufficiently clear and does not accurately reflect the mathematical construction or contribution of the work. A clearer and more precise title is recommended, such as: “An Averaged Lobatto Quadrature Rule of Precision Five Based on Anti-Lobatto Extension” or a similar academically refined formulation.
	

	Is the abstract of the article comprehensive? 
s
If your answer is NO, please provide a brief, clear suggestion for improvement.

	No, the abstract provides a general overview of the method and results but lacks clarity regarding the mathematical formulation, and theoretical justification. It is recommended to explicitly state the construction procedure, highlight the main theoretical contribution (order improvement mechanism), and briefly mention comparative performance against standard quadrature rules.

	

	Is the manuscript scientifically correct? 

If your answer is NO, please provide a brief, clear suggestion for improvement
.
	No, While the manuscript presents an interesting and potentially useful idea in numerical quadrature construction, several mathematical derivations require careful revision for consistency and rigor. In particular, the treatment of error terms and the derivation of the averaged rule should be reformulated to ensure mathematical correctness. Strengthening the theoretical justification and ensuring consistency across equations will significantly improve scientific validity.
	

	Are the references sufficient and recent? 
(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.

	No, the reference list includes several relevant classical and contemporary works; however, it lacks sufficient coverage of recent developments in high-order quadrature methods, adaptive integration schemes, and modern numerical analysis literature. It is recommended to include more recent journal articles (last 5–10 years) focusing on Gaussian-type quadrature extensions, adaptive numerical integration, and error-minimization techniques.
	

	Are there ethical issues in this manuscript?
(YES or NO)

(If yes, kindly please write down the ethical issues here in details)

	No ethical concerns have been identified in this manuscript. The work is theoretical and computational in nature, and it does not involve human subjects, experimental data collection, or sensitive datasets. Proper acknowledgment of prior work appears to be maintained.
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