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	1: Review Comments



	
	Reviewer’s comment
	Author’s feedback 

	Compulsory REVISION comments
1. Is the manuscript important for the scientific community?

      (Please write a few sentences on this manuscript)

2. Is the title of the article suitable?

(If not please suggest an alternative title)

3. Is the abstract of the article comprehensive?

4. Are subsections and structure of the manuscript appropriate?

5. Do you think the manuscript is scientifically correct?

6. Are the references sufficient and recent? If you have suggestions for additional references, please mention them in the review form.

(Apart from above mentioned 6 points, reviewers are free to provide additional suggestions/comments)


	Yes. The paper describes a direct method to compute the number of Fq-isomorphism classes and isomorphism classes of a family of elliptic curves. Overall, the paper is well-explained.
Yes

Yes

Yes

Yes

Yes

Additional suggestions have been communicated in one of the rows below.
	

	Minor REVISION comments

1. Is the language/English quality of the article suitable for scholarly communications?


	Yes
	

	Optional comments


	The paper describes a direct method to compute the number of Fq-isomorphism classes and isomorphism classes of a family of elliptic curves. The methodology computes the number of isomorphism classes of Doche-Icart-Kohel curves over a finite field. The result can be used in elliptic curve cryptosystems. Overall, the paper is well-explained. It is perfectly suited to a regular mathematics journal. I nonetheless have a few suggestions that might help fit the paper within the aims and scope of this particular journal:

(1) As explained, elliptic curve cryptosystems rely on the difficulty of elliptic curve discrete logarithmic problem. They use point multiplication and have been represented in special forms that provide faster addition, doubling and tripling. For instance, for two elliptic curves over a finite field, if j(E1) = j(E2), then they are F q -isomorphisms. The number of isomorphism classes of general elliptic curves over a finite field is 2q + 3 + (q4) + 2 (q3). In the Introduction section, please elaborate a few more local-reported instances of public reactions/experiences (with a mention of certain attributable studies, for instance: https://doi.org/10.1016/j.ffa.2016.01.008, etc.).
(2) The Doche-Icart-Kohel curves are smooth elliptic curves (i.e., If q <unk> mod 3 and a <unk> Fq not is a cube, then all the roots of x <unk> 4a4a9 = 0 in F q are in some cubic extensions of Fq and no roots in Fq . Therefore, r 2 + 2ar + 2a not in Fq). This paper gives some basic notation about elliptic curves and isomorphism, and counts the isomorphism classes of Doche-Icart-Kohel curves defined over a finite field. As per the paper, a pair of elliptic curves are isomorphic over a ring if and only if the change of variables in the basic equation leads to a change of variables in the second equation. A few corroborative studies (e.g., https://doi.org/10.1016/j.jnt.2019.06.019, etc.) should also be discussed in Section 3 so as to affirm the reliability of the principles behind considering these key steps.
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