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	PART  1: Comments



	
	Reviewer’s comment

Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.
	Author’s Feedback (Please correct the manuscript and highlight that part in the manuscript. It is mandatory that authors should write his/her feedback here)

	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This paper makes a valuable contribution to nonlinear analysis and partial differential equations as it discusses the existence and multiplicity of solutions for a certain class of quasilinear elliptic equations with Neumann boundary conditions. The research is especially significant since it investigates weighted elliptic problems with singular terms, which find applications in mathematical physics, geometry, and variational methods. Through the use of Caffarelli-Kohn-Nirenberg inequalities, the authors present new information regarding the solutions' behavior under certain parameter restrictions. The results not only generalize previous findings but also provide greater insight into least energy solutions and stability, making this publication useful to researchers in elliptic PDEs and beyond.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	Okay, but consider this also

“Existence and Multiplicity of Solutions for Weighted Quasilinear Elliptic Equations with Neumann Boundary Conditions”
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract is good but can be enhanced by adding a short reference to the mathematical methods employed, explaining the importance of the findings, and clearly summarizing the major theorems. The notation, especially  p(α,β), can be made more readable by presenting it in a more intuitive form. The explanation of the domain  Ω and boundary conditions can also be shortened to improve clarity. A more formal sequence—beginning with the problem statement, followed by methods, main results, and implications—would enhance the overall readability and effectiveness of the abstract.
	

	Is the manuscript scientifically, correct? Please write here.
	To ascertain the scientific accuracy of the manuscript, close examination of mathematical equations, the proofs, and logical coherence of the conclusions are needed. By the abstract, the issue at hand is precisely defined, and the parameter constraints look sensible from the point of view of quasilinear elliptic equations. The application of Caffarelli-Kohn-Nirenberg inequalities indicates adherence to a correct analytical framework that is an entrenched practice in the theory of elliptic PDE. Nevertheless, its correctness can only be ensured with a meticulous examination of the assumptions, boundary conditions, and proofs. Assuming mathematical derivations have been carried out correctly and sensibly, then the manuscript does seem scientifically valid. An intense scrutiny of the entire content needs to be made to establish its correctness entirely.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	Add some recent references 
DOI: 10.3390/fractalfract9010020

https://doi.org/10.1007/s12346-024-01185-8
https://doi.org/10.1080/27690911.2024.2436440
	

	Is the language/English quality of the article suitable for scholarly communications?


	Yes
	

	Optional/General comments


	Check alignment and punctuation marks throughout the manuscript.
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	Are there ethical issues in this manuscript? 


	(If yes, Kindly please write down the ethical issues here in detail)
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